It is a trivial consequence of Magnus' solution to the word problem for onerelator groups [9] and the existence of finitely presented groups with unsolvable word problem [4] that not every finitely presented group can be embedded in a one-relator group. We modify a construction of Aanderaa [1] to show that any finitely presented group can be embedded in a group with twenty-six defining relations. It then follows from the well-known theorem of Higman [7] that there is a fixed group with twenty-six defining relations in which every recursively presented group is embedded.
It is a trivial consequence of Magnus' solution to the word problem for onerelator groups [9] and the existence of finitely presented groups with unsolvable word problem [4] that not every finitely presented group can be embedded in a one-relator group. We modify a construction of Aanderaa [1] to show that any finitely presented group can be embedded in a group with twenty-six defining relations. It then follows from the well-known theorem of Higman [7] that there is a fixed group with twenty-six defining relations in which every recursively presented group is embedded.
The results of the present paper are analogous for groups of the results of [2] about semigroups; however, no knowledge of [2] is required to read this paper.
Let A be any finitely presented group. In view of the nature of our proposed theorem we may, without loss of generality, assume that A has two-generators-• say A = <a!,a 2 >. (See for example [8] ).
We begin by regarding A as a semigroup. In this role A has four generators, namely a u a 2 ,a^1 and a^1. When convenient, we shall sometimes write a 3 and a 4 for aj" 1 and a^1 respectively.
Let A = (a u a 2 ,a 3 ,a 4 ;
We begin by applying to A a construction of the type given on p. 307 of [4] . It will turn out that there is one delicate point in the argument. In order that this point will be clear, and to make the paper more easily readable, we specify the various constructions in detail. We write x f°r the composition of \j/ and T. Thereafter the most detailed source is probably [2] ( [10] contains only a sketch). [3] Embeddings into groups 3
[Unfortunately it has not been possible for us simply to quote results exactly as they occur in the literature. Also we have not been able to make our notation mesh precisely with that in the literature.]
We now employ the G( X, O 0 ) construction on page 307 of [5] with 91 in the role of X. We rewrite 91 as (si,s 2 ; P, = Qt, i = 1,2,3) and define
For convenience we write the relations of 9 t . as 
THEOREM 2. For an>» word W of A, W = A l if and only if
PROOF. After sorting out the notation one sees that this is an immediate consequence of Theorem 1 (ii) above and Lemma C and Technical Result (i) of [5] .
At this point we begin to follow Aanderaa [1] . Let C = <c 1; C2> be an isomorphic copy of A. It is worth stressing that we shall in fact embed C rather than A.
Let K t = G * C. We shall define a sequence of groups using the well-known //AW-construction (see [8] or [4] ) or, to use alternative standard terminology in a 'word problem' context, Britton extensions. We shall call such a construction an HNNiJ-extension. It will not always be trivial to verify that we have a legitimate instance of the construction, i.e. that Britton's isomorphism condition holds. For the moment we simply give the presentations, reserving the verifications till later. Before proving Theorem 3, we take the final step in our argument. It will be observed that K 4 has a number of commuting relations. Using a technique due essentially to Borisov [3] we can eliminate some of these. THEOREM Let X be any word in s 1 ,s 2 , t and k 0 , such that X = G l . We want to reduce X to the empty word using only the displayed relations. and freely reduce the resulting word. This operation is clearly equivalent to an application of the given relations. Let X t be the result of iterating this procedure for as long as possible.
Suppose X t is non-empty. Since both <s,-, t} and <s y , fe o > a r e f ree w e m a v a s " sume both / and k 0 appear in X^. We can apply Britton's Lemma [4] We conclude with a few speculative remarks concerning the best possible result along the lines of our theorem. It is of course tempting to conjecture that every finitely presented group is embeddable in a two-relator group. If this be so, then there exist two-relator groups with unsolvable word problem, -but the best result presently known for this question is that there exist groups with twelve relators and unsolvable word problem.
